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Measure in the Cantor space

Definition
Aset F C 2¥ is null if

(Ve > 0) (3(on)new) (Z 2|1 P <en F C U [an]>

new new

Let F C 2% be a null set. Then there is a sequence (Sp)ncuw:
SpC2", Y 5 18] < oo, satisfying a condition

FC{xe2¥: (3*®n)(xIne Sy)}.
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Fake measure in the Baire space

Definition
Aset F C w¥ is fake-null (F € fN) if

(Ve > 0) (3(on)new) (Z 2|1 <enFC U [a,,])

new

Let F C w” be a fake-null set. Then there is a sequence (Sp)nc.,
SnCuwh > 'g—ﬁ‘ < oo, satisfying a condition

FC{xew”: (3®n)(xIne Sp}.
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Small and closed null sets

Definition
F € & if there are a partition of w into intervals (/5)new and a

sequence (Jn)new Jn C 20, 3 21

< o0

FC{xe2v: (v°n)(xIl € Jn)}.

Definition
F € Sif there are a partition of w into intervals (/)nec., and a

sequence (Jp)news Jn C 2h, Zzwﬁ < 00

FC{xe2“: (3®n)(xIlh e Jp)}.
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Measure

Fake small and closed null sets

Definition
F € f€ if there are a partition of w into intervals (/5)ne, and a

/ Jn|
sequence (Jn)new, Jn S w™, > 2||/,:71\

< o0

FC{xew: (v°n)(xIl € Jn)}.

Definition
F € fS if there are a partition of w into intervals (/5)ne and a

||
AL

sequence (Jn)new, Jp C wln, 3 20 < o

FC{xew: (3°n)(xl, € Jn)}.

tukasz Mazurkiewicz Fake nulls and meagers



Measure

Observations

fN is a translation-invariant c—ideal

fE C 1S

N LM

every fake null is a union of two fake smalls
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Parametrization

For now let h € w®, limsup,, h(n) = cc.

Definition

F € fN(h) if there is a sequence (Sp)new, Sh C W,

/lfﬁ‘) < oo, satisfying a condition

FC{xew’: (I%n)(xIne Sp)}.

tukasz Mazurkiewicz Fake nulls and meagers



Measure

Parametrization

For now let h € w®, limsup,, h(n) = cc.

Definition
F € fN(h) if there is a sequence (Sp)new, Sh C W,

/lfﬁ‘) < oo, satisfying a condition

FC{xew: (3*n)(xIne Sp)}.

v

N (Fin) = | J fN(h)
h

.
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Parametrization

Definition
F € f€ if there are a partition of w into intervals (/n)ne, and a
sequence (Jn)news Jn C wh, 3 h'(\J/"n|\) < o0

FC{xecuw”: (vn)(xlh € Jn)}.

Definition
F € S if there are a partition of w into intervals (/n)ne, and a

J
sequence (Jn)newr Jn C wln' Z h|(\;:7|\) < o0

FCi{xew : (3°n)(xllheJn)}.
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Observations

fN/(h) is a translation-invariant o—ideal
h<g = fN(h) CfN(g)

k <l = fN(k") C IN(I")

fE(h) C fS(h)

fN(h) L M

fS(h) € fN(Fin)

fN/(Fin) is not ccc

fE(Fin) = K,
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Fake meager

Definition
F € M_ if there are x¢ € w* and a partition of w into
intervals (/n)ne. such that

FC{xew’: (Vn)(XIlh#xell)}.
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Observations

e M_ is atranslation invariant c—ideal
° M_CM
e fN(Fin) £ M,
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Another meager-like ideals

Definition
For f: w<¥ — w let

Dr = {x e w®: (vn)(x(n) # f(xIn))}.

Denote D, = {AC w® : A C Ds for some f}.

Definition
Fory € w¥ let

Ky = {x e w”: (v*n)(y(n) # x(n))}.

Denote by Zj,. the o—ideal generated by K,.
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Cardinal invariants

Theorem (Khomskii, Laguzzi)

cov(Zige) = cov(D,,) = cov(M) and
non(Zise) = Non(D,,) = non(M).

Corollary
cov(M_) = cov(M) and non(M_) = non(M).
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